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1.Letf(z)beregularnearz=O,anddenotebyrntheabsolutevalueofthezeroznof

f(n)(z)whichisnearesttotheorigin.Here/<n>(o)isthen-th.derivativeoif(z).Thenoneof

theresultsofErdosandRenyi([2]p.140)isthefollowing;

TheoremA.Letf(z)beanentirefunctionandM(r)=max|f(z)|Thenbydenoting
zi=r
x-N(y)theinversefunctionofy-logM(x),wehave

(1)lim

n→∞慧≦嘉2

Weshallgiveaslightgeneralizationofthisresult.Denotebyρntheradiusofunivalence

off(n)(z).Thatis,pnisthesupremumofrsuchthatfor|z|<r,f(n)(z)isunivalent.Then

ourassertionisasfollows;

TheoremLetf(z)beanentirefunctionoffinitelowerorderλandM(r)-max|f(z)|.
|z|=r
Thendenotingbyx=H(y)theinversefunctionofy=logM(x),wehave
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Here lower order λ is defined by λ=lim (警告誓) For the proof of our result, we
shallfollowthemethodofErdosandRenyianduse,maddition,thestronglemmaduetoShah

andTrimble.

00Letdenotebyμ(r)themaximumtermoff(z)=∑akzkfor|z|=randbyv(r)itscentral

index:

μ(r)-票x¥ak
。Irk,v(r)-max{n;〟(r)-¥aサ¥f*)

Lemma1.([6])Iff¥z)isanentirefunctiono/lowerorder¥,then

(3)惣怠≦λ

C10Lemma2.([7])Let/(*)-Sakzkδeanentirefunctionandy(r)itscentralindex.For

ォ-I,2,-.,letxn-n(1-2-1′w+2).Thenforr≧rg,wehave
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(4)r.x(v(r)-1)<(v(r)-1)'ρ(i/(r)-1)

2.ProofofTheorem.Wemayassume|/(0)|-l.Inthiscase(seeforexample[8]

p.31)wehave

(5)logμrr空dl

Itfollowsfrom(5)thatif<:>!,takingintoaccountthatv(t)isnon-decreasing,wehave

(6)logμ(cr)-logμreM-/r望dl≧v(r)logc

Bytheassumptionthatf(z)isanentirefunctionoffinitelowerorderλ,wehavebylemma1,

(7)怒,(r)

logpif)≦λ

Thusforanyξ>0,therecanbefoundasequencern(n-l,2,_)forwhichrn--andv(rn)

≦(λ+ξ)logfj.(rn).Applying(6)forr-rn,weobtain

(8)"Wyog-吉)≦logpier・)

1
Choosingc-eトλ+',itfollowsthat

l1
(9)v(rn)≦log^irneトi+i)≦logM{rne^-x+')

Hencewehave

l
(10)HHrn))≦rneトl+ε

Nowapplylemma2to(10)asr-rn{n≧no),thenwehave

(ll)

1

H{v{rn))　　　　トl+.

v(rn)1万(K元)-1) ≦ xc両二三)

Taking into account x¥n)-log 2 as n-∞ we obtain

l

(12) lint・^'*)-,v≦竃芸

As (12) is valid for any ξ>0, the assertion of theorem is proved.

Corollary Under the same assumption of theorem, we have

(13) ー
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≦
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